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ABSTRACT
As quadrotor missions increase in complexity, we must also seek to increase their capability. This work addresses
the ongoing challenge of flight in windy conditions through the use of a custom flow-sensing and feedback-control
architecture utilizing two separate probes to measure lateral and longitudinal flow. A linear model is developed by
performing system identification using CIFER R© software on a 210mm quadrotor that runs customized Cleanflight
firmware. A linear controller is then optimized for disturbance rejection using CONDUIT R© software to meet desired
handling qualities specifications. Experiments performed in an indoor gust-generation facility show improvement in
both short and long time-scale gusts through the use of flow feedback.

NOTATION

eθ Pitch error, rad

eq Pitch rate error, rad/s

eu Longitudinal velocity error, m/s

ex Longitudinal position error, m

Kθ Pitch attitude gain

Kq Pitch rate gain

Ku Longitudinal velocity gain

Kx Longitudinal position gain

Ksat Saturation function slope gain

M∆u Angular-acceleration response to wind

q Pitch rate, rad/s

u Longitudinal speed, m/s

V∞ Wind velocity, m/s

X∆u Linear-acceleration response to wind

∆u Longitudinal wind speed, m/s

∆′u Measured longitudinal wind speed, m/s
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θ Pitch angle, rad

θ1s Longitudinal control input, %

θd1 Outer-loop contribution to desired pitch angle, rad

θd2 Inner-loop contribution to desired pitch angle, rad

τ1s Longitudinal time delay, s

ωi Angular velocity of propeller i, rad/s

INTRODUCTION

In recent years, quadrotors have become highly capable tools
with both commercial and military viability. The ability to
take off and land vertically makes them attractive compared
to fixed-wing Unmanned Aerial Systems (UAS) and their me-
chanical simplicity is an advantage compared to single-main-
rotor helicopters. Current and foreseen missions, including
agricultural monitoring, package delivery, and aiding in nat-
ural disasters, require stable and reliable flight in a variety of
conditions.

Traditionally, stable and reliable flight for quadrotors is
achieved with a trial-and-error methodology, where nominal
gains are chosen based on experience, then tested in flight and
adjusted as necessary. Trial and error may yield an initially
unstable platform, but is often successful due to the mechani-
cal simplicity, structural integrity, and low cost of replacement
parts for quadrotors. A more rigorous approach may also be
taken, using, for example, eigenvalue analysis (Ref. 1), ro-
bust control techniques (Ref. 2), or Lyapunov stability crite-
ria (Refs. 3, 4) to provide flight stability based on system dy-
namics.
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More recently, an approach typically used to evaluate full-
scale helicopter stability and performance based on handling
qualities metrics has also been pursued (Ref. 5), which in-
volves first identifying a linear model of the vehicle, then de-
signing a controller such that the vehicle meets the desired
handling qualities specifications. A systematic approach that
uses CIFER R© software (Ref. 6) for frequency-domain sys-
tem identification and CONDUIT R© software (Ref. 7) for con-
troller gain optimization has been used in Refs. 8, 9. We also
rely on CIFER R© and CONDUIT R© software for model iden-
tification and controller optimization, using handling quality
specifications informed by Refs. 5, 8, 9.

As quadrotors become increasingly reliable, a variety of work
is being performed to extend their mission capability, in-
cluding aerobatic flight (Ref. 10), sensing and perception
of unknown environments (Refs. 2, 11, 12), flying with sus-
pended loads (Refs. 13, 14), and in-flight hardware failures
(Ref. 15). This work addresses flight stability of quadro-
tors in windy conditions, which has also been investigated
by Refs. 2, 9, 11, 16–18. Gremillion et al. use distributed ac-
celerometers to directly estimate the forces and moments act-
ing on the vehicle (Ref. 2), which are then directly cancelled
in control feedback. Berrios et al. use the Control-Equivalent-
Turbulence-Input (CETI) model from Ref. 19 to design a
controller that is inherently robust to disturbances with fre-
quency content typical of turbulent wind by optimizing gains
in CONDUIT R© using handling qualities criteria (Ref. 9). Yeo
et al. use flow probes to measure downwash from another
quadrotor to estimate its position and avoid the resulting dis-
turbance (Ref. 11).

The feedback control approach described here relies on on-
board flow measurements in the lateral and longitudinal di-
rections from multi-hole probes to estimate the aerodynamic
forces and moments acting on the quadrotor. By combin-
ing flow measurements with inertial sensing, the controller
is able to react to wind before the aerodynamic forces and
moments have propagated to the rigid-body dynamics, yield-
ing improved performance compared to using inertial sens-
ing alone. Work validating the application of flow feedback
for gust rejection using nonlinear feedback-linearization con-
trollers was performed for a one degree-of-freedom (DOF)
pitch stand in Yeo et al. (Ref. 16), a three DOF attitude
stand in Craig et al. (Ref. 17), and for a six DOF free flight
quadrotor in Craig et al. (Ref. 18). Here we use a linear con-
trol framework optimized for gust disturbance rejection with
CONDUIT R© software. The linear control uses flow feedback
to cancel the effect of wind on the quadrotor dynamics. The
flow sensor package consists of lateral and longitudinal facing
probe pairs connected to a microcontroller with flexible tub-
ing (Ref. 11), which measures differential pressure and trans-
mits a digital signal to the onboard flight controller.

The contributions of this paper are (1) the addition of flow
feedback to a linear controller optimized for gust rejection
using handling qualities criteria and (2) the experimental
demonstration of the benefit of adding flow feedback to a lin-
ear controller that has been designed for gust rejection. This

work parallels the work in Craig et al., in which a nonlin-
ear controller was designed with flow feedback for gust dis-
turbance rejection, but the use of an optimized linear frame-
work is beneficial because it highlights the effect of flow feed-
back in an optimized, linear controller specifically designed
for gust disturbance rejection.

The outline of the paper is as follows. The first section de-
scribes the software and hardware used for system identi-
fication and experimental testing. The second section de-
scribes the system identification process using CIFER R© soft-
ware. The third section uses the identified model to design
an optimal controller based on handling qualities criterion in
CONDUIT R©. The fourth section shows experimental results
of the six DOF quadrotor subjected to a series of gusts, and
the final section summarizes the paper and discusses ongoing
work.

SYSTEM DESCRIPTION

Figure 1 shows the 540g custom-built quadrotor used in this
work. The vehicle has a 210mm carbon fiber Shendrones
Krieger frame and a Matek F405-STD flight controller paired
with a Matek FCHUB-6S power distribution board. The flight
controller includes a three-axis accelerometer and three-axis
gyroscope for inertial sensing. EMAX Lightning 20A ESCs
control EMAX RS-2205 motors, which are paired with Gem-
fan 5030 five inch diameter propellers. Figure 1 also shows
the differential-pressure lateral and longitudinal flow probes
highlighted in red.

Fig. 1. Quadrotor used for experimental testing with flow
probes highlighted in red

The overall experimental testbed is shown in Figure 2. Outer-
loop sensing is performed using an 18 camera, 15’ x 10’ x 12’
motion capture facility that records position and attitude data
at 100Hz. The data recorded in motion capture is streamed
locally to Matlab, which runs the outer loop position and
heading controller. Desired attitude is transmitted using a 2.4
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Fig. 2. Inner- and outer-loop experimental control structure for longitudinal direction

GHz Spektrum DX8 radio transmitter to the quadrotor’s on-
board flight controller, which solves for desired inputs. The
onboard flight controller runs open-source Cleanflight soft-
ware for inner-loop attitude stabilization, which has been cus-
tomized to run the optimized linear controller and incorporate
serial flow-sensor data. Onboard data collection is completed
using the built in Blackbox feature that records states and flow
data at 250Hz.

Fig. 3. Gust generation system consists of a set of eight
Dyson fans behind remotely operated blinds

Gust rejection testing was completed in an indoor gust facility,
shown in Figure 3, which consists of eight Dyson fans behind
a set of remotely operated blinds, controlled by an Arduino
through LabVIEW, that open and close to produce gusts. Two
square-wave pattern gusts of different periods were tested to
investigate the effects of longer and shorter frequency scales.
First, the blinds were opened for five seconds at a time, giving
the vehicle a chance to reach steady-state type behavior. Sec-
ond, the blinds were opened for two seconds at a time, thereby

not allowing the quadrotor to to reach steady state during the
gust or recover fully after a gust. The quadrotor experienced
a wind speed of ten knots in the five-second gust testing, and
eight knots in the two-second gust testing.

MODEL IDENTIFICATION

Modeling results are presented for the longitudinal degree of
freedom (the process is the same for each of the other degrees
of freedom). Define inertial frame I , (O,e1,e2,e3) in a
north, west, up orientation with O at a known point on the
ground, and body frame B , (O′,b1,b2,b3) in a forward, left,
up orientation with O′ at the center of mass of the quadrotor,
as shown in Figure 4. In the longitudinal degree-of-freedom,
u is the velocity along b1, q is the pitch rate along b2, θ is
the pitch angle along b2, and ∆u is the wind velocity in the
b1 direction. Let Xu and Mu be the linear acceleration and
angular acceleration response to velocity u, respectively. We
also define X∆u and M∆u as the linear and angular acceleration
response to wind ∆u, respectively. The state-space description
of the system is
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b3 =
<latexit sha1_base64="nj49P+kzxUjGn0zU9RJijtfBgrc=">AAAB+HicbZDLSgNBEEV74ivGR6Iu3TQGwVWYUUE3QtCNywjmAckw9HRqkiY9D7prxDjkS9y4UMStn+LOv7GTzEITLzQcblVR1ddPpNBo299WYWV1bX2juFna2t7ZLVf29ls6ThWHJo9lrDo+0yBFBE0UKKGTKGChL6Htj26m9fYDKC3i6B7HCbghG0QiEJyhsbxKuYfwiH6Q+RPvjF5Rr1K1a/ZMdBmcHKokV8OrfPX6MU9DiJBLpnXXsRN0M6ZQcAmTUi/VkDA+YgPoGoxYCNrNZodP6LFx+jSIlXkR0pn7eyJjodbj0DedIcOhXqxNzf9q3RSDSzcTUZIiRHy+KEglxZhOU6B9oYCjHBtgXAlzK+VDphhHk1XJhOAsfnkZWqc1x/DdebV+ncdRJIfkiJwQh1yQOrklDdIknKTkmbySN+vJerHerY95a8HKZw7IH1mfP+jCkpM=</latexit><latexit sha1_base64="nj49P+kzxUjGn0zU9RJijtfBgrc=">AAAB+HicbZDLSgNBEEV74ivGR6Iu3TQGwVWYUUE3QtCNywjmAckw9HRqkiY9D7prxDjkS9y4UMStn+LOv7GTzEITLzQcblVR1ddPpNBo299WYWV1bX2juFna2t7ZLVf29ls6ThWHJo9lrDo+0yBFBE0UKKGTKGChL6Htj26m9fYDKC3i6B7HCbghG0QiEJyhsbxKuYfwiH6Q+RPvjF5Rr1K1a/ZMdBmcHKokV8OrfPX6MU9DiJBLpnXXsRN0M6ZQcAmTUi/VkDA+YgPoGoxYCNrNZodP6LFx+jSIlXkR0pn7eyJjodbj0DedIcOhXqxNzf9q3RSDSzcTUZIiRHy+KEglxZhOU6B9oYCjHBtgXAlzK+VDphhHk1XJhOAsfnkZWqc1x/DdebV+ncdRJIfkiJwQh1yQOrklDdIknKTkmbySN+vJerHerY95a8HKZw7IH1mfP+jCkpM=</latexit><latexit sha1_base64="nj49P+kzxUjGn0zU9RJijtfBgrc=">AAAB+HicbZDLSgNBEEV74ivGR6Iu3TQGwVWYUUE3QtCNywjmAckw9HRqkiY9D7prxDjkS9y4UMStn+LOv7GTzEITLzQcblVR1ddPpNBo299WYWV1bX2juFna2t7ZLVf29ls6ThWHJo9lrDo+0yBFBE0UKKGTKGChL6Htj26m9fYDKC3i6B7HCbghG0QiEJyhsbxKuYfwiH6Q+RPvjF5Rr1K1a/ZMdBmcHKokV8OrfPX6MU9DiJBLpnXXsRN0M6ZQcAmTUi/VkDA+YgPoGoxYCNrNZodP6LFx+jSIlXkR0pn7eyJjodbj0DedIcOhXqxNzf9q3RSDSzcTUZIiRHy+KEglxZhOU6B9oYCjHBtgXAlzK+VDphhHk1XJhOAsfnkZWqc1x/DdebV+ncdRJIfkiJwQh1yQOrklDdIknKTkmbySN+vJerHerY95a8HKZw7IH1mfP+jCkpM=</latexit><latexit sha1_base64="nj49P+kzxUjGn0zU9RJijtfBgrc=">AAAB+HicbZDLSgNBEEV74ivGR6Iu3TQGwVWYUUE3QtCNywjmAckw9HRqkiY9D7prxDjkS9y4UMStn+LOv7GTzEITLzQcblVR1ddPpNBo299WYWV1bX2juFna2t7ZLVf29ls6ThWHJo9lrDo+0yBFBE0UKKGTKGChL6Htj26m9fYDKC3i6B7HCbghG0QiEJyhsbxKuYfwiH6Q+RPvjF5Rr1K1a/ZMdBmcHKokV8OrfPX6MU9DiJBLpnXXsRN0M6ZQcAmTUi/VkDA+YgPoGoxYCNrNZodP6LFx+jSIlXkR0pn7eyJjodbj0DedIcOhXqxNzf9q3RSDSzcTUZIiRHy+KEglxZhOU6B9oYCjHBtgXAlzK+VDphhHk1XJhOAsfnkZWqc1x/DdebV+ncdRJIfkiJwQh1yQOrklDdIknKTkmbySN+vJerHerY95a8HKZw7IH1mfP+jCkpM=</latexit>

b1
<latexit sha1_base64="b/0xvH4nRajB9d4T1BXrgh+XvZM=">AAAB83icbZBNS8NAEIYn9avWr6pHL4tF8FQSEfRY9OKxgv2AJpTNdtMu3WzC7kQsoX/DiwdFvPpnvPlv3LY5aOsLCw/vzDCzb5hKYdB1v53S2vrG5lZ5u7Kzu7d/UD08apsk04y3WCIT3Q2p4VIo3kKBkndTzWkcSt4Jx7ezeueRayMS9YCTlAcxHSoRCUbRWr6P/AnDKA+nfa9frbl1dy6yCl4BNSjU7Fe//EHCspgrZJIa0/PcFIOcahRM8mnFzwxPKRvTIe9ZVDTmJsjnN0/JmXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWJD8Ja/vArti7pn+f6y1rgp4ijDCZzCOXhwBQ24gya0gEEKz/AKb07mvDjvzseiteQUM8fwR87nDzKSkcU=</latexit><latexit sha1_base64="b/0xvH4nRajB9d4T1BXrgh+XvZM=">AAAB83icbZBNS8NAEIYn9avWr6pHL4tF8FQSEfRY9OKxgv2AJpTNdtMu3WzC7kQsoX/DiwdFvPpnvPlv3LY5aOsLCw/vzDCzb5hKYdB1v53S2vrG5lZ5u7Kzu7d/UD08apsk04y3WCIT3Q2p4VIo3kKBkndTzWkcSt4Jx7ezeueRayMS9YCTlAcxHSoRCUbRWr6P/AnDKA+nfa9frbl1dy6yCl4BNSjU7Fe//EHCspgrZJIa0/PcFIOcahRM8mnFzwxPKRvTIe9ZVDTmJsjnN0/JmXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWJD8Ja/vArti7pn+f6y1rgp4ijDCZzCOXhwBQ24gya0gEEKz/AKb07mvDjvzseiteQUM8fwR87nDzKSkcU=</latexit><latexit sha1_base64="b/0xvH4nRajB9d4T1BXrgh+XvZM=">AAAB83icbZBNS8NAEIYn9avWr6pHL4tF8FQSEfRY9OKxgv2AJpTNdtMu3WzC7kQsoX/DiwdFvPpnvPlv3LY5aOsLCw/vzDCzb5hKYdB1v53S2vrG5lZ5u7Kzu7d/UD08apsk04y3WCIT3Q2p4VIo3kKBkndTzWkcSt4Jx7ezeueRayMS9YCTlAcxHSoRCUbRWr6P/AnDKA+nfa9frbl1dy6yCl4BNSjU7Fe//EHCspgrZJIa0/PcFIOcahRM8mnFzwxPKRvTIe9ZVDTmJsjnN0/JmXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWJD8Ja/vArti7pn+f6y1rgp4ijDCZzCOXhwBQ24gya0gEEKz/AKb07mvDjvzseiteQUM8fwR87nDzKSkcU=</latexit><latexit sha1_base64="b/0xvH4nRajB9d4T1BXrgh+XvZM=">AAAB83icbZBNS8NAEIYn9avWr6pHL4tF8FQSEfRY9OKxgv2AJpTNdtMu3WzC7kQsoX/DiwdFvPpnvPlv3LY5aOsLCw/vzDCzb5hKYdB1v53S2vrG5lZ5u7Kzu7d/UD08apsk04y3WCIT3Q2p4VIo3kKBkndTzWkcSt4Jx7ezeueRayMS9YCTlAcxHSoRCUbRWr6P/AnDKA+nfa9frbl1dy6yCl4BNSjU7Fe//EHCspgrZJIa0/PcFIOcahRM8mnFzwxPKRvTIe9ZVDTmJsjnN0/JmXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWJD8Ja/vArti7pn+f6y1rgp4ijDCZzCOXhwBQ24gya0gEEKz/AKb07mvDjvzseiteQUM8fwR87nDzKSkcU=</latexit>

b2
<latexit sha1_base64="4tBeD/bv9Cv7d4pnLztYV1C8Bdw=">AAAB83icbZBNS8NAEIYnftb6VfXoZbEInkpSBD0WvXisYD+gCWWz3bRLN5uwOxFL6N/w4kERr/4Zb/4bt20O2vrCwsM7M8zsG6ZSGHTdb2dtfWNza7u0U97d2z84rBwdt02SacZbLJGJ7obUcCkUb6FAybup5jQOJe+E49tZvfPItRGJesBJyoOYDpWIBKNoLd9H/oRhlIfTfr1fqbo1dy6yCl4BVSjU7Fe+/EHCspgrZJIa0/PcFIOcahRM8mnZzwxPKRvTIe9ZVDTmJsjnN0/JuXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWxD8Ja/vArtes2zfH9ZbdwUcZTgFM7gAjy4ggbcQRNawCCFZ3iFNydzXpx352PRuuYUMyfwR87nDzQWkcY=</latexit><latexit sha1_base64="4tBeD/bv9Cv7d4pnLztYV1C8Bdw=">AAAB83icbZBNS8NAEIYnftb6VfXoZbEInkpSBD0WvXisYD+gCWWz3bRLN5uwOxFL6N/w4kERr/4Zb/4bt20O2vrCwsM7M8zsG6ZSGHTdb2dtfWNza7u0U97d2z84rBwdt02SacZbLJGJ7obUcCkUb6FAybup5jQOJe+E49tZvfPItRGJesBJyoOYDpWIBKNoLd9H/oRhlIfTfr1fqbo1dy6yCl4BVSjU7Fe+/EHCspgrZJIa0/PcFIOcahRM8mnZzwxPKRvTIe9ZVDTmJsjnN0/JuXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWxD8Ja/vArtes2zfH9ZbdwUcZTgFM7gAjy4ggbcQRNawCCFZ3iFNydzXpx352PRuuYUMyfwR87nDzQWkcY=</latexit><latexit sha1_base64="4tBeD/bv9Cv7d4pnLztYV1C8Bdw=">AAAB83icbZBNS8NAEIYnftb6VfXoZbEInkpSBD0WvXisYD+gCWWz3bRLN5uwOxFL6N/w4kERr/4Zb/4bt20O2vrCwsM7M8zsG6ZSGHTdb2dtfWNza7u0U97d2z84rBwdt02SacZbLJGJ7obUcCkUb6FAybup5jQOJe+E49tZvfPItRGJesBJyoOYDpWIBKNoLd9H/oRhlIfTfr1fqbo1dy6yCl4BVSjU7Fe+/EHCspgrZJIa0/PcFIOcahRM8mnZzwxPKRvTIe9ZVDTmJsjnN0/JuXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWxD8Ja/vArtes2zfH9ZbdwUcZTgFM7gAjy4ggbcQRNawCCFZ3iFNydzXpx352PRuuYUMyfwR87nDzQWkcY=</latexit><latexit sha1_base64="4tBeD/bv9Cv7d4pnLztYV1C8Bdw=">AAAB83icbZBNS8NAEIYnftb6VfXoZbEInkpSBD0WvXisYD+gCWWz3bRLN5uwOxFL6N/w4kERr/4Zb/4bt20O2vrCwsM7M8zsG6ZSGHTdb2dtfWNza7u0U97d2z84rBwdt02SacZbLJGJ7obUcCkUb6FAybup5jQOJe+E49tZvfPItRGJesBJyoOYDpWIBKNoLd9H/oRhlIfTfr1fqbo1dy6yCl4BVSjU7Fe+/EHCspgrZJIa0/PcFIOcahRM8mnZzwxPKRvTIe9ZVDTmJsjnN0/JuXUGJEq0fQrJ3P09kdPYmEkc2s6Y4sgs12bmf7VehtF1kAuVZsgVWyyKMkkwIbMAyEBozlBOLFCmhb2VsBHVlKGNqWxD8Ja/vArtes2zfH9ZbdwUcZTgFM7gAjy4ggbcQRNawCCFZ3iFNydzXpx352PRuuYUMyfwR87nDzQWkcY=</latexit>

e2
<latexit sha1_base64="K2oexoVe707h87YvoZLZX86+bRI=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGaD2qBccavuoqhbra2gvgQvtyokr+ag/NEfxjyNQCGXzJie5yboZ0yj4BJmpX5qIGF8wkbQs6hYBMbPFjfP6JlVhjSMtX0K6UL9PpGxyJhpFNjOiOHY/Pbm4l9eL8Xw0s+ESlIExZeLwlRSjOk8ADoUGjjKqQXGtbC3Uj5mmnG0MZVsCKuf0v+hXat6lm/rlcZVHkeRnJBTck48ckEa5IY0SYtwkpBH8kxenNR5cl6dt2VrwclnjsmPct6/AEFFkc8=</latexit><latexit sha1_base64="K2oexoVe707h87YvoZLZX86+bRI=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGaD2qBccavuoqhbra2gvgQvtyokr+ag/NEfxjyNQCGXzJie5yboZ0yj4BJmpX5qIGF8wkbQs6hYBMbPFjfP6JlVhjSMtX0K6UL9PpGxyJhpFNjOiOHY/Pbm4l9eL8Xw0s+ESlIExZeLwlRSjOk8ADoUGjjKqQXGtbC3Uj5mmnG0MZVsCKuf0v+hXat6lm/rlcZVHkeRnJBTck48ckEa5IY0SYtwkpBH8kxenNR5cl6dt2VrwclnjsmPct6/AEFFkc8=</latexit><latexit sha1_base64="K2oexoVe707h87YvoZLZX86+bRI=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGaD2qBccavuoqhbra2gvgQvtyokr+ag/NEfxjyNQCGXzJie5yboZ0yj4BJmpX5qIGF8wkbQs6hYBMbPFjfP6JlVhjSMtX0K6UL9PpGxyJhpFNjOiOHY/Pbm4l9eL8Xw0s+ESlIExZeLwlRSjOk8ADoUGjjKqQXGtbC3Uj5mmnG0MZVsCKuf0v+hXat6lm/rlcZVHkeRnJBTck48ckEa5IY0SYtwkpBH8kxenNR5cl6dt2VrwclnjsmPct6/AEFFkc8=</latexit><latexit sha1_base64="K2oexoVe707h87YvoZLZX86+bRI=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGaD2qBccavuoqhbra2gvgQvtyokr+ag/NEfxjyNQCGXzJie5yboZ0yj4BJmpX5qIGF8wkbQs6hYBMbPFjfP6JlVhjSMtX0K6UL9PpGxyJhpFNjOiOHY/Pbm4l9eL8Xw0s+ESlIExZeLwlRSjOk8ADoUGjjKqQXGtbC3Uj5mmnG0MZVsCKuf0v+hXat6lm/rlcZVHkeRnJBTck48ckEa5IY0SYtwkpBH8kxenNR5cl6dt2VrwclnjsmPct6/AEFFkc8=</latexit>

e1
<latexit sha1_base64="PdNyH58SJ1AHPGCUwdGOqy6z5kk=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGYDb1CuuFV3UdSt1lZQX4KXWxWSV3NQ/ugPY55GoJBLZkzPcxP0M6ZRcAmzUj81kDA+YSPoWVQsAuNni5tn9MwqQxrG2j6FdKF+n8hYZMw0CmxnxHBsfntz8S+vl2J46WdCJSmC4stFYSopxnQeAB0KDRzl1ALjWthbKR8zzTjamEo2hNVP6f/QrlU9y7f1SuMqj6NITsgpOSceuSANckOapEU4ScgjeSYvTuo8Oa/O27K14OQzx+RHOe9fP8GRzg==</latexit><latexit sha1_base64="PdNyH58SJ1AHPGCUwdGOqy6z5kk=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGYDb1CuuFV3UdSt1lZQX4KXWxWSV3NQ/ugPY55GoJBLZkzPcxP0M6ZRcAmzUj81kDA+YSPoWVQsAuNni5tn9MwqQxrG2j6FdKF+n8hYZMw0CmxnxHBsfntz8S+vl2J46WdCJSmC4stFYSopxnQeAB0KDRzl1ALjWthbKR8zzTjamEo2hNVP6f/QrlU9y7f1SuMqj6NITsgpOSceuSANckOapEU4ScgjeSYvTuo8Oa/O27K14OQzx+RHOe9fP8GRzg==</latexit><latexit sha1_base64="PdNyH58SJ1AHPGCUwdGOqy6z5kk=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGYDb1CuuFV3UdSt1lZQX4KXWxWSV3NQ/ugPY55GoJBLZkzPcxP0M6ZRcAmzUj81kDA+YSPoWVQsAuNni5tn9MwqQxrG2j6FdKF+n8hYZMw0CmxnxHBsfntz8S+vl2J46WdCJSmC4stFYSopxnQeAB0KDRzl1ALjWthbKR8zzTjamEo2hNVP6f/QrlU9y7f1SuMqj6NITsgpOSceuSANckOapEU4ScgjeSYvTuo8Oa/O27K14OQzx+RHOe9fP8GRzg==</latexit><latexit sha1_base64="PdNyH58SJ1AHPGCUwdGOqy6z5kk=">AAAB83icdZBNS8NAEIY39avWr6pHL4tF8FSSUtBj0YvHCvYD2lA220m7dLMJuxOxhP4NLx4U8eqf8ea/cdumoKIDCw/vO8PMvkEihUHX/XQKa+sbm1vF7dLO7t7+QfnwqG3iVHNo8VjGuhswA1IoaKFACd1EA4sCCZ1gcj33O/egjYjVHU4T8CM2UiIUnKGV+n2EBwzCDGYDb1CuuFV3UdSt1lZQX4KXWxWSV3NQ/ugPY55GoJBLZkzPcxP0M6ZRcAmzUj81kDA+YSPoWVQsAuNni5tn9MwqQxrG2j6FdKF+n8hYZMw0CmxnxHBsfntz8S+vl2J46WdCJSmC4stFYSopxnQeAB0KDRzl1ALjWthbKR8zzTjamEo2hNVP6f/QrlU9y7f1SuMqj6NITsgpOSceuSANckOapEU4ScgjeSYvTuo8Oa/O27K14OQzx+RHOe9fP8GRzg==</latexit>
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O0
<latexit sha1_base64="1FNF9ZcnFFfmD9pyMQIndfN6IBg=">AAAB6XicdVBNSwMxEJ2tX7V+VT16CRbRU9kVUY8FL71ZxdpCu5RsOtuGZrNLkhXK0n/gxYMiXv1H3vw3ZtsKfj4Iebw3w8y8IBFcG9d9dwoLi0vLK8XV0tr6xuZWeXvnVsepYthksYhVO6AaBZfYNNwIbCcKaRQIbAWji9xv3aHSPJY3ZpygH9GB5CFn1Fjp+vKwV6641VM3B/lNvOr0dyswR6NXfuv2Y5ZGKA0TVOuO5ybGz6gynAmclLqpxoSyER1gx1JJI9R+Nt10Qg6s0idhrOyThkzVrx0ZjbQeR4GtjKgZ6p9eLv7ldVITnvsZl0lqULLZoDAVxMQkP5v0uUJmxNgSyhS3uxI2pIoyY8Mp2RA+LyX/k9vjqmf51UmlVp/HUYQ92Icj8OAMalCHBjSBQQj38AhPzsh5cJ6dl1lpwZn37MI3OK8fJH2NHA==</latexit><latexit sha1_base64="1FNF9ZcnFFfmD9pyMQIndfN6IBg=">AAAB6XicdVBNSwMxEJ2tX7V+VT16CRbRU9kVUY8FL71ZxdpCu5RsOtuGZrNLkhXK0n/gxYMiXv1H3vw3ZtsKfj4Iebw3w8y8IBFcG9d9dwoLi0vLK8XV0tr6xuZWeXvnVsepYthksYhVO6AaBZfYNNwIbCcKaRQIbAWji9xv3aHSPJY3ZpygH9GB5CFn1Fjp+vKwV6641VM3B/lNvOr0dyswR6NXfuv2Y5ZGKA0TVOuO5ybGz6gynAmclLqpxoSyER1gx1JJI9R+Nt10Qg6s0idhrOyThkzVrx0ZjbQeR4GtjKgZ6p9eLv7ldVITnvsZl0lqULLZoDAVxMQkP5v0uUJmxNgSyhS3uxI2pIoyY8Mp2RA+LyX/k9vjqmf51UmlVp/HUYQ92Icj8OAMalCHBjSBQQj38AhPzsh5cJ6dl1lpwZn37MI3OK8fJH2NHA==</latexit><latexit sha1_base64="1FNF9ZcnFFfmD9pyMQIndfN6IBg=">AAAB6XicdVBNSwMxEJ2tX7V+VT16CRbRU9kVUY8FL71ZxdpCu5RsOtuGZrNLkhXK0n/gxYMiXv1H3vw3ZtsKfj4Iebw3w8y8IBFcG9d9dwoLi0vLK8XV0tr6xuZWeXvnVsepYthksYhVO6AaBZfYNNwIbCcKaRQIbAWji9xv3aHSPJY3ZpygH9GB5CFn1Fjp+vKwV6641VM3B/lNvOr0dyswR6NXfuv2Y5ZGKA0TVOuO5ybGz6gynAmclLqpxoSyER1gx1JJI9R+Nt10Qg6s0idhrOyThkzVrx0ZjbQeR4GtjKgZ6p9eLv7ldVITnvsZl0lqULLZoDAVxMQkP5v0uUJmxNgSyhS3uxI2pIoyY8Mp2RA+LyX/k9vjqmf51UmlVp/HUYQ92Icj8OAMalCHBjSBQQj38AhPzsh5cJ6dl1lpwZn37MI3OK8fJH2NHA==</latexit><latexit sha1_base64="1FNF9ZcnFFfmD9pyMQIndfN6IBg=">AAAB6XicdVBNSwMxEJ2tX7V+VT16CRbRU9kVUY8FL71ZxdpCu5RsOtuGZrNLkhXK0n/gxYMiXv1H3vw3ZtsKfj4Iebw3w8y8IBFcG9d9dwoLi0vLK8XV0tr6xuZWeXvnVsepYthksYhVO6AaBZfYNNwIbCcKaRQIbAWji9xv3aHSPJY3ZpygH9GB5CFn1Fjp+vKwV6641VM3B/lNvOr0dyswR6NXfuv2Y5ZGKA0TVOuO5ybGz6gynAmclLqpxoSyER1gx1JJI9R+Nt10Qg6s0idhrOyThkzVrx0ZjbQeR4GtjKgZ6p9eLv7ldVITnvsZl0lqULLZoDAVxMQkP5v0uUJmxNgSyhS3uxI2pIoyY8Mp2RA+LyX/k9vjqmf51UmlVp/HUYQ92Icj8OAMalCHBjSBQQj38AhPzsh5cJ6dl1lpwZn37MI3OK8fJH2NHA==</latexit>

B
<latexit sha1_base64="F6wDCABrBAVtJW83tbDy6XdnHWU=">AAAB8nicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFl002UF+4A2lMl00g6dzISZG6GEfoYbF4q49Wvc+TdO2iy09cDA4Zx7mXNPmAhu0PO+ndLG5tb2Tnm3srd/cHhUPT7pGJVqytpUCaV7ITFMcMnayFGwXqIZiUPBuuH0Pve7T0wbruQjzhIWxGQsecQpQSv1BzHBCSUiu5sPqzWv7i3grhO/IDUo0BpWvwYjRdOYSaSCGNP3vQSDjGjkVLB5ZZAalhA6JWPWt1SSmJkgW0SeuxdWGbmR0vZJdBfq742MxMbM4tBO5hHNqpeL/3n9FKPbIOMySZFJuvwoSoWLys3vd0dcM4piZgmhmtusLp0QTSjaliq2BH/15HXSuar7lj9c1xrNoo4ynME5XIIPN9CAJrSgDRQUPMMrvDnovDjvzsdytOQUO6fwB87nD3OjkV4=</latexit><latexit sha1_base64="F6wDCABrBAVtJW83tbDy6XdnHWU=">AAAB8nicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFl002UF+4A2lMl00g6dzISZG6GEfoYbF4q49Wvc+TdO2iy09cDA4Zx7mXNPmAhu0PO+ndLG5tb2Tnm3srd/cHhUPT7pGJVqytpUCaV7ITFMcMnayFGwXqIZiUPBuuH0Pve7T0wbruQjzhIWxGQsecQpQSv1BzHBCSUiu5sPqzWv7i3grhO/IDUo0BpWvwYjRdOYSaSCGNP3vQSDjGjkVLB5ZZAalhA6JWPWt1SSmJkgW0SeuxdWGbmR0vZJdBfq742MxMbM4tBO5hHNqpeL/3n9FKPbIOMySZFJuvwoSoWLys3vd0dcM4piZgmhmtusLp0QTSjaliq2BH/15HXSuar7lj9c1xrNoo4ynME5XIIPN9CAJrSgDRQUPMMrvDnovDjvzsdytOQUO6fwB87nD3OjkV4=</latexit><latexit sha1_base64="F6wDCABrBAVtJW83tbDy6XdnHWU=">AAAB8nicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFl002UF+4A2lMl00g6dzISZG6GEfoYbF4q49Wvc+TdO2iy09cDA4Zx7mXNPmAhu0PO+ndLG5tb2Tnm3srd/cHhUPT7pGJVqytpUCaV7ITFMcMnayFGwXqIZiUPBuuH0Pve7T0wbruQjzhIWxGQsecQpQSv1BzHBCSUiu5sPqzWv7i3grhO/IDUo0BpWvwYjRdOYSaSCGNP3vQSDjGjkVLB5ZZAalhA6JWPWt1SSmJkgW0SeuxdWGbmR0vZJdBfq742MxMbM4tBO5hHNqpeL/3n9FKPbIOMySZFJuvwoSoWLys3vd0dcM4piZgmhmtusLp0QTSjaliq2BH/15HXSuar7lj9c1xrNoo4ynME5XIIPN9CAJrSgDRQUPMMrvDnovDjvzsdytOQUO6fwB87nD3OjkV4=</latexit><latexit sha1_base64="F6wDCABrBAVtJW83tbDy6XdnHWU=">AAAB8nicbVDLSsNAFL2pr1pfVZdugkVwVRIRdFl002UF+4A2lMl00g6dzISZG6GEfoYbF4q49Wvc+TdO2iy09cDA4Zx7mXNPmAhu0PO+ndLG5tb2Tnm3srd/cHhUPT7pGJVqytpUCaV7ITFMcMnayFGwXqIZiUPBuuH0Pve7T0wbruQjzhIWxGQsecQpQSv1BzHBCSUiu5sPqzWv7i3grhO/IDUo0BpWvwYjRdOYSaSCGNP3vQSDjGjkVLB5ZZAalhA6JWPWt1SSmJkgW0SeuxdWGbmR0vZJdBfq742MxMbM4tBO5hHNqpeL/3n9FKPbIOMySZFJuvwoSoWLys3vd0dcM4piZgmhmtusLp0QTSjaliq2BH/15HXSuar7lj9c1xrNoo4ynME5XIIPN9CAJrSgDRQUPMMrvDnovDjvzsdytOQUO6fwB87nD3OjkV4=</latexit>

U
<latexit sha1_base64="C+lgCDAFppUFEwhUitstB4AKLCU=">AAAB8nicdVDLSgMxFM3UV62vqks3wSK4GqalYJcFN11WcNrCdCiZNNOGZpIhuSOUoZ/hxoUibv0ad/6NmT5ARS+EHM65l3vuiVLBDXjep1Pa2t7Z3SvvVw4Oj45PqqdnPaMyTZlPlVB6EBHDBJfMBw6CDVLNSBIJ1o9mt4Xef2DacCXvYZ6yMCETyWNOCVgqGCYEppSI3F+MqjXPbXlFYc9tbkBjBeru8vdqaF3dUfVjOFY0S5gEKogxQd1LIcyJBk4FW1SGmWEpoTMyYYGFkiTMhPnS8gJfWWaMY6Xtk4CX7PeJnCTGzJPIdhYWzW+tIP/SggziVphzmWbAJF0tijOBQeHifjzmmlEQcwsI1dx6xXRKNKFgU6rYEDaX4v9Br+HWLb5r1tqddRxldIEu0TWqoxvURh3URT6iSKFH9IxeHHCenFfnbdVactYz5+hHOe9fpR6Rfw==</latexit><latexit sha1_base64="C+lgCDAFppUFEwhUitstB4AKLCU=">AAAB8nicdVDLSgMxFM3UV62vqks3wSK4GqalYJcFN11WcNrCdCiZNNOGZpIhuSOUoZ/hxoUibv0ad/6NmT5ARS+EHM65l3vuiVLBDXjep1Pa2t7Z3SvvVw4Oj45PqqdnPaMyTZlPlVB6EBHDBJfMBw6CDVLNSBIJ1o9mt4Xef2DacCXvYZ6yMCETyWNOCVgqGCYEppSI3F+MqjXPbXlFYc9tbkBjBeru8vdqaF3dUfVjOFY0S5gEKogxQd1LIcyJBk4FW1SGmWEpoTMyYYGFkiTMhPnS8gJfWWaMY6Xtk4CX7PeJnCTGzJPIdhYWzW+tIP/SggziVphzmWbAJF0tijOBQeHifjzmmlEQcwsI1dx6xXRKNKFgU6rYEDaX4v9Br+HWLb5r1tqddRxldIEu0TWqoxvURh3URT6iSKFH9IxeHHCenFfnbdVactYz5+hHOe9fpR6Rfw==</latexit><latexit sha1_base64="C+lgCDAFppUFEwhUitstB4AKLCU=">AAAB8nicdVDLSgMxFM3UV62vqks3wSK4GqalYJcFN11WcNrCdCiZNNOGZpIhuSOUoZ/hxoUibv0ad/6NmT5ARS+EHM65l3vuiVLBDXjep1Pa2t7Z3SvvVw4Oj45PqqdnPaMyTZlPlVB6EBHDBJfMBw6CDVLNSBIJ1o9mt4Xef2DacCXvYZ6yMCETyWNOCVgqGCYEppSI3F+MqjXPbXlFYc9tbkBjBeru8vdqaF3dUfVjOFY0S5gEKogxQd1LIcyJBk4FW1SGmWEpoTMyYYGFkiTMhPnS8gJfWWaMY6Xtk4CX7PeJnCTGzJPIdhYWzW+tIP/SggziVphzmWbAJF0tijOBQeHifjzmmlEQcwsI1dx6xXRKNKFgU6rYEDaX4v9Br+HWLb5r1tqddRxldIEu0TWqoxvURh3URT6iSKFH9IxeHHCenFfnbdVactYz5+hHOe9fpR6Rfw==</latexit><latexit sha1_base64="C+lgCDAFppUFEwhUitstB4AKLCU=">AAAB8nicdVDLSgMxFM3UV62vqks3wSK4GqalYJcFN11WcNrCdCiZNNOGZpIhuSOUoZ/hxoUibv0ad/6NmT5ARS+EHM65l3vuiVLBDXjep1Pa2t7Z3SvvVw4Oj45PqqdnPaMyTZlPlVB6EBHDBJfMBw6CDVLNSBIJ1o9mt4Xef2DacCXvYZ6yMCETyWNOCVgqGCYEppSI3F+MqjXPbXlFYc9tbkBjBeru8vdqaF3dUfVjOFY0S5gEKogxQd1LIcyJBk4FW1SGmWEpoTMyYYGFkiTMhPnS8gJfWWaMY6Xtk4CX7PeJnCTGzJPIdhYWzW+tIP/SggziVphzmWbAJF0tijOBQeHifjzmmlEQcwsI1dx6xXRKNKFgU6rYEDaX4v9Br+HWLb5r1tqddRxldIEu0TWqoxvURh3URT6iSKFH9IxeHHCenFfnbdVactYz5+hHOe9fpR6Rfw==</latexit>

!1<latexit sha1_base64="6wtc/szd7E/lL5tjAtk8quba+SA=">AAAB73icbZDLSgNBEEVr4ivGV9Slm8EguAozIugy4CbLCOYByRB6OjVJk36M3T1CCPkJNy4UcevvuPNv7CSz0MQLDYdbVXTVjVPOjA2Cb6+wsbm1vVPcLe3tHxwelY9PWkZlmmKTKq50JyYGOZPYtMxy7KQaiYg5tuPx3bzefkJtmJIPdpJiJMhQsoRRYp3V6SmBQ9IP++VKUA0W8tchzKECuRr98ldvoGgmUFrKiTHdMEhtNCXaMspxVuplBlNCx2SIXYeSCDTRdLHvzL9wzsBPlHZPWn/h/p6YEmHMRMSuUxA7Mqu1uflfrZvZ5DaaMplmFiVdfpRk3LfKnx/vD5hGavnEAaGauV19OiKaUOsiKrkQwtWT16F1VQ0d319XavU8jiKcwTlcQgg3UIM6NKAJFDg8wyu8eY/ei/fufSxbC14+cwp/5H3+ALtXj8U=</latexit><latexit sha1_base64="6wtc/szd7E/lL5tjAtk8quba+SA=">AAAB73icbZDLSgNBEEVr4ivGV9Slm8EguAozIugy4CbLCOYByRB6OjVJk36M3T1CCPkJNy4UcevvuPNv7CSz0MQLDYdbVXTVjVPOjA2Cb6+wsbm1vVPcLe3tHxwelY9PWkZlmmKTKq50JyYGOZPYtMxy7KQaiYg5tuPx3bzefkJtmJIPdpJiJMhQsoRRYp3V6SmBQ9IP++VKUA0W8tchzKECuRr98ldvoGgmUFrKiTHdMEhtNCXaMspxVuplBlNCx2SIXYeSCDTRdLHvzL9wzsBPlHZPWn/h/p6YEmHMRMSuUxA7Mqu1uflfrZvZ5DaaMplmFiVdfpRk3LfKnx/vD5hGavnEAaGauV19OiKaUOsiKrkQwtWT16F1VQ0d319XavU8jiKcwTlcQgg3UIM6NKAJFDg8wyu8eY/ei/fufSxbC14+cwp/5H3+ALtXj8U=</latexit><latexit sha1_base64="6wtc/szd7E/lL5tjAtk8quba+SA=">AAAB73icbZDLSgNBEEVr4ivGV9Slm8EguAozIugy4CbLCOYByRB6OjVJk36M3T1CCPkJNy4UcevvuPNv7CSz0MQLDYdbVXTVjVPOjA2Cb6+wsbm1vVPcLe3tHxwelY9PWkZlmmKTKq50JyYGOZPYtMxy7KQaiYg5tuPx3bzefkJtmJIPdpJiJMhQsoRRYp3V6SmBQ9IP++VKUA0W8tchzKECuRr98ldvoGgmUFrKiTHdMEhtNCXaMspxVuplBlNCx2SIXYeSCDTRdLHvzL9wzsBPlHZPWn/h/p6YEmHMRMSuUxA7Mqu1uflfrZvZ5DaaMplmFiVdfpRk3LfKnx/vD5hGavnEAaGauV19OiKaUOsiKrkQwtWT16F1VQ0d319XavU8jiKcwTlcQgg3UIM6NKAJFDg8wyu8eY/ei/fufSxbC14+cwp/5H3+ALtXj8U=</latexit><latexit sha1_base64="6wtc/szd7E/lL5tjAtk8quba+SA=">AAAB73icbZDLSgNBEEVr4ivGV9Slm8EguAozIugy4CbLCOYByRB6OjVJk36M3T1CCPkJNy4UcevvuPNv7CSz0MQLDYdbVXTVjVPOjA2Cb6+wsbm1vVPcLe3tHxwelY9PWkZlmmKTKq50JyYGOZPYtMxy7KQaiYg5tuPx3bzefkJtmJIPdpJiJMhQsoRRYp3V6SmBQ9IP++VKUA0W8tchzKECuRr98ldvoGgmUFrKiTHdMEhtNCXaMspxVuplBlNCx2SIXYeSCDTRdLHvzL9wzsBPlHZPWn/h/p6YEmHMRMSuUxA7Mqu1uflfrZvZ5DaaMplmFiVdfpRk3LfKnx/vD5hGavnEAaGauV19OiKaUOsiKrkQwtWT16F1VQ0d319XavU8jiKcwTlcQgg3UIM6NKAJFDg8wyu8eY/ei/fufSxbC14+cwp/5H3+ALtXj8U=</latexit>

!3
<latexit sha1_base64="TLzThGsnVkklb5j33elu5DBCFIA=">AAAB73icbZBNSwMxEIZn/az1q+rRS7AInsquCnoseOmxgv2AdinZdLYNTTZrkhVK6Z/w4kERr/4db/4b03YP2vpC4OGdGTLzRqngxvr+t7e2vrG5tV3YKe7u7R8clo6Om0ZlmmGDKaF0O6IGBU+wYbkV2E41UhkJbEWju1m99YTacJU82HGKoaSDhMecUeusdldJHNDeVa9U9iv+XGQVghzKkKveK311+4plEhPLBDWmE/ipDSdUW84ETovdzGBK2YgOsOMwoRJNOJnvOyXnzumTWGn3Ekvm7u+JCZXGjGXkOiW1Q7Ncm5n/1TqZjW/DCU/SzGLCFh/FmSBWkdnxpM81MivGDijT3O1K2JBqyqyLqOhCCJZPXoXmZSVwfH9drtbyOApwCmdwAQHcQBVqUIcGMBDwDK/w5j16L96797FoXfPymRP4I+/zB75fj8c=</latexit><latexit sha1_base64="TLzThGsnVkklb5j33elu5DBCFIA=">AAAB73icbZBNSwMxEIZn/az1q+rRS7AInsquCnoseOmxgv2AdinZdLYNTTZrkhVK6Z/w4kERr/4db/4b03YP2vpC4OGdGTLzRqngxvr+t7e2vrG5tV3YKe7u7R8clo6Om0ZlmmGDKaF0O6IGBU+wYbkV2E41UhkJbEWju1m99YTacJU82HGKoaSDhMecUeusdldJHNDeVa9U9iv+XGQVghzKkKveK311+4plEhPLBDWmE/ipDSdUW84ETovdzGBK2YgOsOMwoRJNOJnvOyXnzumTWGn3Ekvm7u+JCZXGjGXkOiW1Q7Ncm5n/1TqZjW/DCU/SzGLCFh/FmSBWkdnxpM81MivGDijT3O1K2JBqyqyLqOhCCJZPXoXmZSVwfH9drtbyOApwCmdwAQHcQBVqUIcGMBDwDK/w5j16L96797FoXfPymRP4I+/zB75fj8c=</latexit><latexit sha1_base64="TLzThGsnVkklb5j33elu5DBCFIA=">AAAB73icbZBNSwMxEIZn/az1q+rRS7AInsquCnoseOmxgv2AdinZdLYNTTZrkhVK6Z/w4kERr/4db/4b03YP2vpC4OGdGTLzRqngxvr+t7e2vrG5tV3YKe7u7R8clo6Om0ZlmmGDKaF0O6IGBU+wYbkV2E41UhkJbEWju1m99YTacJU82HGKoaSDhMecUeusdldJHNDeVa9U9iv+XGQVghzKkKveK311+4plEhPLBDWmE/ipDSdUW84ETovdzGBK2YgOsOMwoRJNOJnvOyXnzumTWGn3Ekvm7u+JCZXGjGXkOiW1Q7Ncm5n/1TqZjW/DCU/SzGLCFh/FmSBWkdnxpM81MivGDijT3O1K2JBqyqyLqOhCCJZPXoXmZSVwfH9drtbyOApwCmdwAQHcQBVqUIcGMBDwDK/w5j16L96797FoXfPymRP4I+/zB75fj8c=</latexit><latexit sha1_base64="TLzThGsnVkklb5j33elu5DBCFIA=">AAAB73icbZBNSwMxEIZn/az1q+rRS7AInsquCnoseOmxgv2AdinZdLYNTTZrkhVK6Z/w4kERr/4db/4b03YP2vpC4OGdGTLzRqngxvr+t7e2vrG5tV3YKe7u7R8clo6Om0ZlmmGDKaF0O6IGBU+wYbkV2E41UhkJbEWju1m99YTacJU82HGKoaSDhMecUeusdldJHNDeVa9U9iv+XGQVghzKkKveK311+4plEhPLBDWmE/ipDSdUW84ETovdzGBK2YgOsOMwoRJNOJnvOyXnzumTWGn3Ekvm7u+JCZXGjGXkOiW1Q7Ncm5n/1TqZjW/DCU/SzGLCFh/FmSBWkdnxpM81MivGDijT3O1K2JBqyqyLqOhCCJZPXoXmZSVwfH9drtbyOApwCmdwAQHcQBVqUIcGMBDwDK/w5j16L96797FoXfPymRP4I+/zB75fj8c=</latexit>
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Fig. 4. Quadrotor reference frames and wind velocity
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System identification is performed with CIFER R©, which uses
frequency sweeps over each channel to develop a linear model
fit. Sweep profiles are performed automatically by inserting
a frequency chirp into the flight-controller software. Chirps
sweep from 0.62 rad/s to over 100 rad/s; an example is shown
in Figure 5. Large spikes in the data are user inputs to limit
translational drift.
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Fig. 5. Chirp data for longitudinal degree of freedom used
as input to CIFER R©

The resulting model fit to the flight data is shown in Fig-
ure 6. Stability derivatives are presented in Table 1, as well
as Cramer-Rao bounds and insensitivities showing the level
of confidence of the identification (Ref. 6). The value for Xu
has been fixed based on insensitivity analysis. The model has
also been validated in the time domain against independent
data from separate flight tests, showing good agreement in
Figure 7.

Table 1. Model parameters (see Eq. 1)
Parameter Value C-R % Insensitivity %

Xu -0.05 - -
Mu -10.26 4.54 1.59

Mθ1s 5.79 3.16 1.09
τ1s 0.0196 5.49 2.74

We initially predicted that the effect of wind moving over the
quadrotor is equivalent to the effect of the quadrotor moving
forward in air, such that X∆u = −Xu and M∆u = −Mu. How-
ever, after experimental results showed only a small effect
of adding flow feedback, the gust stability derivative was ad-
justed based on prior force-torque measurement experimental
results (Ref. 16) to be approximately twice the magnitude of
the velocity derivatives. Work is ongoing to identify the gust
stability derivative X∆u using frequency domain system iden-
tification techniques.

CONTROLLER DEVELOPMENT

The quadrotor flight controller structure shown in Figure 8
uses a fast inner-loop running at 2kHz to control the attitude
dynamics, and a slower outer-loop running at 100Hz to con-
trol the position and heading dynamics. The outer loop ap-
plies gains to velocity and position in proportional-integral
(PI) control, and also uses a saturation function to limit the
maximum desired velocity produced by the position error.
The gain-adjusted velocity error is transmitted to the inner
loop, where the onboard wind measurements are incorporated
to produce the desired attitude. Gains are applied to attitude
and rate in a proportional-derivative (PD) controller and com-
bined with flow feedback to produce the final inputs to the
motors.

To implement the PID controller, we feed back position and
speed to the outer loop; and attitude, attitude rate, and wind
speed to the inner loop. This example shows the development
in the longitudinal direction (the process for each other degree
of freedom is similar). To limit the maximum reference speed,
we pass the desired position through a saturation function, i.e.,

ud = sat(Ksat(x− xd)), (3)

where Ksat sets the slope of the saturation function. We then
set the position and velocity errors

eu = u−ud ,

ex = x− xd ,
(4)

and apply a PI controller to yield our desired dynamics, i.e.;

u̇d =−Kueu−Kxex. (5)

Inserting Equation (5) into the dynamics (1) yields

u̇ = Xuu+gθ +X∆u∆u =−Kueu−Kxex. (6)

Taking θ as our control input to the outer loop system and
solving for the desired pitch angle we find

θd =
1
g
(−Kueu−Kxex−Xuu−X∆u∆u). (7)

The nature of onboard versus offboard sensing necessitates
splitting the desired pitch angle into separate outer- and inner-
loop components, where the outer loop component θd1 uses
the position and velocity data only available through motion
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Fig. 6. Model-data agreement using stability derivatives identified in CIFER R©
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Fig. 7. Model validation against time-series data
capture, and the inner loop component θd2 uses the wind data
only available from the onboard flow sensors. Note, the flow
probes measure the combination of wind speed and flight
speed, such that the actual measurement ∆′u = ∆u−u. We then
calculate the stabilizing portion of the feedback, 1/g(−Kueu−
Kxex), in the outer loop, and the dynamic cancellation portion,
1/g(−Xuu−X∆u∆u), in the inner loop. Based on the initial as-
sumption that X∆u ≈−Xu, we multiplied by the measured flow
speed such that X∆u∆′u = X∆u∆u−X∆uu≈ X∆u∆u+Xuu to yield
the desired value. Thus, the outer-loop component is

θd1 =
1
g
(−Kueu−Kxex), (8)

and the inner-loop component is

θd2 =
1
g
(−X∆u∆

′
u). (9)

Once θd = θd1 +θd2 is identified in the inner loop, we find

eθ = θ −θd (10)

and
eq = q− d

dt
θd . (11)

We then establish our desired dynamics:

q̇ =−Kqeq−Kθ eθ , (12)

and substitute into the system dynamics (1),

q̇ = Muu+Mθ1s θ1s +M∆u∆u =−Kqeq−Kθ eθ . (13)

Rearranging, with θ1s as the input, the value sent to the mixer
is

θ1s =
1

Mθ1s

(−Kqeq−Kθ eθ −Muu−M∆u∆u), (14)

where we again account for both wind velocity and rigid body
velocity using the measurement from the flow sensor to yield

θ1s =
1

Mθ1s

(−Kqeq−Kθ eθ −M∆u∆
′
u). (15)

A Simulink model of the controller in combination with
the identified linear model yields optimal gains using the
CONDUIT R© environment. CONDUIT R© requires users to
choose a number of specifications relating to handling qual-
ities stability and performance, then uses a multiobjective op-
timization engine to adjust gains such that each of the pre-
scribed handling qualities specifications is achieved. More
details on the CONDUIT R© software are available in Ref. 7.
Handling qualities are characterized as level one, two, or
three, with one as the best and three as the worst. The
CONDUIT R© software is designed to achieve level one han-
dling qualities for all specifications, while also minimizing
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Fig. 8. Quadrotor control architecture

actuator usage. Hard specifications (H) address stability and
are required to be met by the optimization, soft specifications
(S) address performance based metrics and are desirable but
not mandatory, and summed objective (J) specifications are
designed to reduce actuator usage and are correspondingly
minimized.

Nominal handling qualities specifications in CONDUIT R© are
designed for full-scale manned aircraft. The small size and
unmanned nature of quadrotor UAS lead to different han-
dling qualities requirements, so the CONDUIT R© specifi-
cations have been adjusted based on previous work using
CONDUIT R© for small quadrotor UAS (Refs. 5,8). Additional
adjustments were also made based on pilot feedback and flight
performance. The specifications to which the gains were op-
timized for the longitudinal outer loop for position control are
shown in Table 3, with comments addressing adjustments to
handling qualities boundaries. The resulting handling quali-
ties window is shown in Figure 9, and shows that each of the
specifications meets level 1 requirements. The corresponding
characteristics of the control law design are shown in Table 3.

EXPERIMENTAL RESULTS

Experimental testing was performed by subjecting the quadro-
tor to a series of square-wave gusts at different periods in an
indoor gust generation facility. Figures 10 and 11 show dis-
placement in the e1 direction as well as the flow speed experi-
enced by the quadrotor. Figures 12 and 13 show the e1-e2 dis-
placement on the left plot and the e1-e3 displacement on the

right plot over the course of each test.

From Figures 10 and 11 we see improvement in station hold-
ing through the use of flow sensing for both tests. The longer
time-scale gusts in Figure 10 show a more significant im-
provement, where both controllers are able to settle before
and after the gusts. Without flow feedback, the quadrotor is
blown back by the wind where it keeps a very consistent posi-
tion until the gust ceases, and with flow feedback the quadro-
tor quickly compensates for the wind, and experiences only
a slight movement in the direction of the wind. The shorter
time scale results in Figure 11 still show an improvement
through the addition of flow feedback, but highlight the ben-
efits of designing the controller for disturbance rejection in
CONDUIT R© for the controller without flow feedback, and the
susceptibility to noise when using flow feedback.

The linear controller produced by CONDUIT R© is designed
to address higher frequency turbulent wind using the distur-
bance rejection bandwidth specification (Ref. 20) without the
use of flow sensing, and thus shows comparatively better re-
sults in the two second gusts versus testing with five second
gusts. Adding flow feedback does reduce the e1 error in the
system, however the movement appears slightly more erratic
than in the longer time-scale case. The error at the beginning
and end of each gust remains consistent between the longer
and shorter gusts, however the shorter gusts limit the system’s
time to stabilize and so we see the quadrotor repeatedly over-
shooting the desired position as wind conditions change.

The differences in performance for the two time scales are
highlighted in Figures 12 and 13, where we see that in the
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Fig. 9. CONDUIT R© handling qualities window. Level one in blue, level two in pink, level three in red. Triangles and
flags indicate the value of the handling quality, green arrows indicate an off-screen value, and the line in Nichols robust
stability indicates the value across simultaneous changes in gain and phase.

longer time-scale gusts the systems generally maintain a tight
position with or without flow sensing apart from the dynamic
portion of the gust. Figure 13 shows the quadrotor unable to
maintain the tight position in the presence of more rapid gusts
for both cases and we also see significant motion in the e2 di-
rection when flow feedback is utilized, resulting from noise
and measurements in the flow signal in the lateral direction.
In the longer-time-scale gusts, the e2 flow error reduces as
the vehicle settles. However, the more dynamic wind in the
shorter time-scale leads to consistent fluctuation in the e2 di-
rection in addition to the response to the primary flow in the
e1 direction. Efforts to better address noise in the flow sensors
to improve performance is ongoing.

CONCLUSION

This paper describes a linear controller that has been opti-
mized for gust rejection using CONDUIT R©, based on sys-
tem identification performed with CIFER R©. Additionally, a
custom flow probe package was used to investigate the ben-
efits of flow feedback for gust rejection. Experiments were
performed with a 210mm quadrotor system running Clean-

flight software, where flow feedback yielded improvements
for both short and long time-scale gusts, particularly for the
longer time-scale five second gusts when the vehicle had time
to settle in the wind. In ongoing work, we are investigating
sensor noise to specifically reduce off-axis response and also
planning outdoor flight testing.
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Table 2. Design Specifications
Parameter Description Type Std. Bounds? Comments

EigLcG1 Eigenvalues Hard Y
StbMgG1 Stability Margins Hard N L1/L2 at 4dB, 20 deg
NicMgG1 Nichols Margins Hard N L1/L2 at 160 deg
DrbRoX1 Disturbance Rejection Bandwidth Soft N L1/L2 at 1.33 rad/s
DrpAvH1 Disturbance Rejection Peak Soft N L1/L2 at 3.33 rad/s
CrsMnG2 Minimum Crossover Frequency Soft N L1/L2 at 4.33 rad/s
CrsLnG1 Crossover Frequency Sum. Obj. N L1/L2 at 10 rad/s

RmsAcG1 Actuator RMS Sum. Obj. Y

Table 3. Control Law Design
Controller Gain Margin [dB] Phase Margin [deg] Crossover Freq. [rad/s] DRB [rad/s]

Pitch Attitude 9.66 21.8 25.8 11.9
Long. Position 4.10 24.8 4.33 1.33
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Fig. 10. Experimental quadrotor e1 position error in response to 5 s duration 10 kt gusts in the −e1 direction. Flow
velocity is measured onboard using a custom flow probe.
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Fig. 11. Experimental quadrotor e1 position error in response to 2 s duration 8 kt gusts in the −e1 direction. Flow
velocity is measured onboard using a custom flow probe.
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Fig. 12. Experimental quadrotor position response to 5 s duration 10 kt gusts in the −e1 direction.
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Fig. 13. Experimental quadrotor position response to 2 s duration 8 kt gusts in the −e1 direction.
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10Lupashin, S., Schöllig, A., Sherback, M., and D’Andrea,
R., “A simple learning strategy for high-speed quadrocopter
multi-flips,” IEEE International Conference Robotics and Au-
tomation, 2010.

11Yeo, D., Sydney, N., Paley, D., and Sofge, D., “On-
board flow sensing for downwash detection and avoidance
on small quadrotor helicopters,” AIAA Guidance, Navigation,
and Control Conference, AIAA SciTech Forum, Paper AIAA
2015-1769, 2015.

12Sanket, N. J., Singh, C. D., Ganguly, K., Fermüller, C.,
and Aloimonos, Y., “GapFlyt: Active vision based minimal-
ist structure-less gap detection for quadrotor flight,” IEEE
Robotics and Automation Letters, Vol. 3, (4), 2018, pp. 2799–
2806.

13Lee, T., “Geometric control of quadrotor UAVs transport-
ing a cable-suspended rigid body,” IEEE Transactions on
Control Systems Technology, Vol. 26, (1), 2018, pp. 255–264.

14Pereira, P. O. and Dimarogonas, D. V., “Control framework
for slung load transportation with two aerial vehicles,” IEEE
Conference on Decision and Control, 2018.

15Lanzon, A., Freddi, A., and Longhi, S., “Flight control
of a quadrotor vehicle subsequent to a rotor failure,” Jour-
nal of Guidance, Control, and Dynamics, Vol. 37, (2), 2014,
pp. 580–591.

16Yeo, D. W., Sydney, N., and Paley, D. A., “Onboard
flow sensing for multi-rotor pitch control in wind,” Journal
of Guidance, Control, and Dynamics, Vol. 41, (5), 2018,
pp. 1193–1198.

17Craig, W., Passe, B. E., Yeo, D., and Paley, D. A., “Geo-
metric attitude control of a quadrotor in wind with flow sens-
ing and thrust constraints,” Submitted to IEEE Transactions
on Control Systems Technology, 2018.

18Craig, W., Yeo, D., and Paley, D. A., “Geometric control of
a quadrotor in wind with flow sensing and thrust constraints:
Attitude and position control,” AIAA SciTech Forum, Paper
AIAA 2019-1192, 2019.

19Juhasz, O., Lopez, M. J., Berrios, M. G., Berger, T., and
Tischler, M. B., “Turbulence modeling of a small quadrotor
UAS using system identification from flight data,” Paper Jan-
uary, AHS Technical Meeting on VTOL Unmanned Aircraft
Systems, 2017.

20Berger, T., Ivler, C. M., Berrios, M. G., Tischler, M. B.,
and Miller, D. G., “Disturbance rejection handling qualities
criteria for rotorcraft,” AHS Int. 72nd Annual Forum, 2016.

10


